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1 Ve.Jy R(z,y) Assumption

2> actual sk; Assumption

3 Jy.R(ski,y) ¥V — Elimination (1, 2)

4 actual sk, R(sky, sks) Assumptions

5 actual sks Assumption

6 (sky = sks)V —(sky = sks) Excluded Middle

7 sky = sks Assumption

8  R(sky,sks) Line 4

o R(sks,sks) = —Substitution (8,7)

10 ski = sks Assumption

11 Sko = sko Reflexivity

12 sky = sk3 = skg = sko = —Introduction (10 — 11)
13 R(sks, ska A (sk1 = sks = sko = sko) A — Introduction (9, 12)

14 R(sky, ska) N R(sks, ska) A (sk1 = sks = sko = sko) A — Introduction (8, 13)

15 Jyo.(R(sk1, sk2) A R(sks,y2) A = skz = ska = y2)) 3 — Introduction (14)

16 —(sky = sk3) Assumption

17 Jy.R(sks,y) ¥V — Elimination 1

18 actual sky, R(sks, skq) Assumptions

19 R(skq,sks) Line 4
20 R(sks, skq) Line 18
21 sk = sks Assumption
22 L - — Introduction (16, 21)
23 sko = sky 1 —Elimination (22)
24 Sk1 = sks = sko = sky = —Introduction (21 — 23)
25 R(sks, skq) N (sk1 = sks = sko = sky) A — Introduction (20, 24)
26 R(sk1, ska) A R(sks,sks) A (sk1 = sks = ska = sky) A — Introduction (19, 25)
27 Jya.(R(sky, sko) A R(sks,y2) A (sk1 = skz = ska = ya) 3 — Introduction (26)
28 Jya.(R(ski, ska) A R(sks,y2) A = skz = ska = y2)) 3 — Elimination (17,18 — 27)
29 Jya.(R(sky, ska) A R(sks,y2) A (sk1 = sks = ska = y2)) V — Elimination (6,7 — 15,16 — 28)
30 Vao.3ys.(R(sk1, ska) A R(xa,y2) A (sk1 = xo = ska = y2)) Y — Introduction (5,29)
31 Jy1.Vao.3ys.(R(sk1,y1) A R(za,y2) A (sk1 = 22 = y1 = y2)) 3 — Introduction (30)
32 Jyr1.Vao.Jya (R(sk1, y1) A R(xe,y2) A (sk1 = 2 = y1 = y2)) 3 — Elimination (3,4 — 31)
33 Va1.3y1.Vee Jys.(R(z1, y1) A R(22,y2) A (21 = 22 = y1 = y2)) V — Introduction (2 — 32)
34 Va.Jy.R(z,y) = Vr1.3y1 Voo Jys.(R(x1,y1) A Rz, y2) A (1 = 22 = y1 = y2)) = —Introduction (1 — 33)




